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\S O
$N$ , $N$
(Nagel [6]). , $N=$
$3$ , (Honda [4]).
, 3 (Hartung
[2], Brinkhuis [1], Ohta [7] ). , 3
, , 3 3
(Kishi-Miyake[5]). \S 1 ,
. \S 2 . ,
$\mathbb{Q}(\sqrt{D})$ $\mathbb{Q}(\sqrt{-3D})$ .
\S 1
$\mathbb{Q}$ 3 $g(Z)$ :
$g(Z)=Z^{3}-uwZ$ – $u^{2}$ , $u,$ $w\in \mathbb{Z}$
, $u$ $w$ , $4uw^{32}-27u$ ,
(i) $3\{w$
(ii) 3 $|w,$ $uw\not\equiv 3(\mathrm{m}\mathrm{o}\mathrm{d} 9)$ ) $u\equiv w\pm 1(\mathrm{m}\mathrm{o}\mathrm{d} 9)$
(iii) 3 $|w,$
.
$uw\equiv 3$ (mod 9), $u\equiv w\pm 1(\mathrm{m}\mathrm{o}\mathrm{d} 27)$




. , $g(Z)$ $\mathbb{Q}$ , $\mathbb{Q}$ $S_{3^{-}}$ ,
$k=\mathbb{Q}(\sqrt{d})$ .
. $g(Z)$ $\mathbb{Q}$ , $g(Z)=0$
$k$ 3 . , 3 $k$
3 .
. , 3 ,




1. (Honda [4]) $m$ $n$ :(i) $(m, 3n)=1$ ,
(ii) $d:=4m^{3}-27n^{2}$ , (iii) $m=(n+a^{2})/a(a\in \mathbb{Z})$
. , $\mathbb{Q}(\sqrt{d})$ 3 .
. $u=- n^{2},$ $w=m$ , . $\square$
2. (Hartung [2]) $m$ :(i) $m$
$\equiv 7(\mathrm{m}\mathrm{o}\mathrm{d} 12)$ , (ii) $m=(n^{2}-4)/27(n\in \mathbb{Z})$ . ,
$\mathbb{Q}(\sqrt{-m})$ 3 .
. $u=n^{2},$ $w=3$ . $\square$
3. (Brinkhuis [1]) $m$ $n^{3}-n^{2}(n\in \mathbb{Z})$ .
, $\mathbb{Q}(\sqrt{-4m-27m^{2}})$ 3 .
. , $u=m,$ $w=-1$ . $\square$
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4. $u$ $w$ :(i) $d:=4uw3-27u2$
, (ii) :
(ii–l) $uw\equiv 1$ (mod 3)
(ii–2) 3\dagger $w,$ $u\equiv w\equiv\pm 2$ (mod 5).
$Z^{3}-uwZ-u^{2}$ , , $\mathbb{Q}(\sqrt{d})$ 3
.






, $a,$ $b,$ $m$ $0$ , $f(X)=X^{3}$ -
$3mX-a$ $\mathbb{Q}$ , $\mathbb{Q}(\sqrt{D})$ 3 .
. $u=a^{2},$ $w=3m$ . $\square$
(2.1) :
$(2\cdot 2)$
$m^{3}= \frac{a^{2}+27b^{2}D}{4}=N_{\mathbb{Q}(\sqrt{-3D})/\mathbb{Q}}\alpha$ , $\alpha=\frac{a+3b\sqrt{-3D}}{2}\in \mathbb{Q}(\sqrt{-3D})$ .
, $D$ $a$ , $b,$ $m$ .
.
1.
$\alpha$ : $\mathbb{Q}(\sqrt{-3D})$ $=f(X)$ :Q
, , 3
$a$ $\alpha=a^{3}$ , , $D<0$
$\epsilon$
$\alpha=\epsilon^{3n\pm 1}$ . , :
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. (Herz [3]) $k:=\mathbb{Q}(\sqrt{d})$ , $k’:=\mathbb{Q}(\sqrt{-3d})$
$\text{ },$ $\text{ ^{}\backslash }\text{ }h^{J},$ $\epsilon$ . , $k$ 3
, , –
:
(i) $N_{k’/\mathbb{Q}}\epsilon=1$ , $Tr_{k’/\mathbb{Q}}\epsilon\equiv\pm 2(27)$
(ii) $Tr_{k’/\mathbb{Q}}.\epsilon\equiv 0(9)$
(iii) $N_{k’/\mathbb{Q}}\epsilon=-1$ , $Tr_{k’/\mathbb{Q}}\epsilon\equiv\pm 4(9)$
(iv) 3 $|h’$ .
’’ .$-\dagger$ .
$k’$ 3 , 3
. , (i), (ii), (iii)
, (i) $\epsilon$ , (ii)
$\epsilon^{2}$ , (iii) $\epsilon^{4}$ $\alpha$ , (2.2)
. , $k’$ 3 ,
$k$ 3 .
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